ABSTRACT
INTRODUCTION
We investigate the problem of equality of the lattices of invariant subspaces of two operators, on a finite dimensional complex vector space, under no commutativity assumption. The commutative case is fully explored by Brickman and Fillmore in [l] . In [5] we gave a necessary condition; here we obtain necessary and sufficient conditions. Theorem 10.2.1 in [3] (p. 326) also gives necessary and sufficient conditions for two matrices to have the same lattice in terms of the matrices. It appears that our approaches are not quite the same. Here we have a coordinate free version.
NOTATION AND PRELIMINARY RESULTS
Let V be an n-dimensional complex vector space, and let A be a linear operator on V. The lattice of A-invariant subspaces will be denoted by Lat A and the set of eigenvalues of A by a(A 
Proof.
Every member of Lat A is a direct sum of invariant subspaces whose restrictions of A are nilpotent operators plus scalar operators (primary summands). On each such primary subspace A is Al + N for some A E a(A) and some nilpotent N. A short computation shows that the restriction of p(A) to the primary subspace is
Clearly, a subspace contained in this primary subspace is A-invariant iff it is N-invariant. Therefore
A and p(A) 1 eave the same subspaces invariant iff p'(A) # 0. n
THE MAIN RESULT
We are now ready for the main theorem. The following corollary follows directly from the proof of the theorem above. 
